Introduction.
Let A be a compact operator on a separable Hilbert space Jtif. The aim of this paper is to investigate the relationship between the weak closure of the algebra of polynomials in A (denoted by U(A)) and its invariant subspace lattice Lat A.
The operator A is reflexive if any operator which leaves invariant the members of Lat A must be in U(A). The following question was mentioned in the closing chapter of [7] . If every invariant subspace of A is spanned by the eigenvalues that it contains, is A reflexive? The main result of this paper is a positive answer for compact operators. Some related questions are then discussed.
Preliminaries.
For a linear manifold ^, \*Jt\ will denote its closure. y {A) will denote the null space of A, and S% (A) its range. A\*J£ will denote the restriction of A to ^#.
For n a positive integer, J4? (n) denotes the direct sum of n copies oiJtf and A (n) is the direct sum of n copies of A acting onJ^( w) in the standard fashion; i.e. if <*i f ... ,x n ) £Jf», AW ( Xlt . . . , Xn ) = (Axi, . . . ,Ax n ). 1 'Subspace" will mean closed linear manifold.
The following well known lemma will be used ([7, Chap. 7] ).
Definition. Spectral synthesis holds for A if every invariant subspace *Jt of A is spanned by the root vectors corresponding to non-zero eigenvalues' of A in <Jt'. Strict spectral synthesis holds for A if spectral synthesis holds for A and A is injective.
We will proceed in two stages. First we will consider the case where A is injective and then we extend the result to the general case.
3. Reflexivity of compact injective operators. Throughout this section we will assume A is compact injective. Some concepts and results of Alarkus [5] will be used. There are generalizations of these concepts to subspaces.
Definition. Let { V j\j = 1, 2, . . .} be a sequence of non-zero subspaces of Jff, such that V {^j\j = 1, 2, . . .} = jf. {^|j = 1, 2, . . .} is separated if for any 7, the subspaces«y^ and^; = V {*A^k\k 9 e j} intersect only at {0} and yf/. +J/J =^f (direct sum).
P ; -will denote the projection onjVj &\ongJV j .
Definition. {JV 2 \j -1, 2, . . .} is strongly complete if for any / £ ^, / Ç V{P,/|j=l,2,...}.
The next lemma is an immediate consequence of the above definitions. Since {-^Vj\j = 1, 2, . . .} is strongly complete, so is {0* (;) |1 ^ k g n^\ j = 1, 2, . . .}. It follows easily from the definition that so is {\l/ ki a) \l ^ i ^ 2; l^H nj] j = 1,2,.. .} in Jf< 2) . Thus by Lemma 4, {J/P\ is strongly complete. Applying Theorem 1, we see that A {2) allows spectral synthesis and the proof is complete.
The general case.
A will be assumed to be compact though not necessarily injective. THEOREM 
// every invariant sub space of A is spanned by eigenvectors of A, then A is reflexive.
A portion of the proof will be given in a series of lemmas. All assume the hypothesis of Theorem 3. Since [QA™Q&] = if it follows that QB™Q& C^7 and the proof is complete.
Proof. Let E be the subspace defined in Lemma 3, and note that if E -[R(A)l £ (w) = [R(A™)] (since R(A)™ = R(A™)

Reflexivity relative to (A)'. It is clear that if
A has root vectors of multiplicity greater than 1, then A is in general not reflexive. This is true even in the finite dimensional case. However, in the finite dimensional case, U(A) = Alg Lat A P\ {A)
f . This was shown to be the case for certain classes of compact operators in [1; 2] . Here we prove a more general result. 
